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Introduction

Let G = (V,E) be a simple graph with vertex set V and edge set E. Aset S <
V is a dominating set if every vertex in V — S is adjacent to at least one vertex
in S. The domination number of G, denoted by y(G), is the minimum size of a
dominating set in G. An eternal 1-secure set of a graph G is defined as a
dominating set S, such that for any positive integer k and any sequence
vy, Vs, ..., Uy OF Vertices, there exists a sequence of guards uq, u,, ..., u;, with
u; € S;_, and either u; = v; or wv; €E and S; = (S, —{y;Hu{y;}isa
dominating set. If we take a guard on every vertex in an eternal 1-secure set,
then for any sequence of attacks to vertices of the graph only by moving one
guard during one of the edges adjacent with the vertex, the result set still
remains secure. Now let for every sequence of attacks to vertices, all guards
could move during one of the edges adjacent with the vertex and the result set
still remains secure. This set is called eternal m- secure set. The eternal m-
security number o, (G) is defined as the minimum number of an eternal m-
secure set in G. Obviously, any eternal m- secure set of G is a dominating set

of G. So we have y(G) < 6,,(G).

An edge uv € E(G) is subdivided if the edge uv is deleted and a new vertex
x is added, along with two new edges ux and vx. The eternal m- security
subdivision number sd,;  (G) of a graph G is the minimum cardinality of a set

of edges that must be subdivided (where each edge in G can be subdivided at
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most once) in order to increase the eternal m- security number of G to increase

the eternal m- security number of G.

Material and methods
In this paper, we first, prove that if there is a cycle or a path of length 3 in G,

then sd,, (G) < 3. Then we prove our main result using these results.

Results and discussion
We prove that sd,, (G) < 3 for any connected nontrivial graph G, in our main

Theorem.

Conclusion
In this paper we prove that sd,;, (G) < 3 for any connected nontrivial graph G
which implies that sd,; (G) < 3 for any nontrivial graph G. However, it is well

known that the domination subdivision number of graphs can be arbitrary large.
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