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Introduction

Suppose that (X, d) be a compact metric space with a distinguished pointe andE
be a Banach space.Collection of E —valued function f on X such that

lf ) = fFI
L(f) = —————— < w, =0
D) S d0ey) © f(e)

IXEY
is called vector-valued Lipschitz space and denoted by Lip, (X, E). The space
Lipy (X, E) with respect to the point wise operations on functions and the norm
L(.) is a Banach space that separates points of X. The subset consists of all
functions such that

If ) = FI
im —————=0
d(x,y)—0 d (x, y)
is a closed subspace of Lip, (X, E), denoted by lip,(X,E) and called little
vector-valued Lipschitz space. In particular when Banach space E coincides
with scaler field, Lip,(X, E) and lip, (X, E) is denoted by Lip,(X) and lip, (X)
respectively.

Definition. The space lip, (X) separates points of X uniformly when there exists
C > 1 such that for each distinct pair point x, y € X thereis f € lip, (X, E) with

fM =0,  llf@®I=dxy), L{)<C

Definition.The Banach space E has approximation property if for each ¢ > 0
and compact subset K of E there exists a finite dimensional bounded operator
T:E — E such that sup||Tx — x|| < e.

XEK
Results and discussion

In this paper we deal with the uniform separation property of a metric space X
by the little vector-valued Lipschitz space, namely lip,(X, E).

Conclusion

We show that if lip, (X) has the approximation property and E be a topological
dual of some Banach space, then there exists a compact metric space Y with a
distinguished point and a non-expansive function : X — Y such that lip, (Y, E)
separates the point of Y uniformly and C,;, the composition operator induced by
m, is a surjective linear isometry from lip, (Y, E) to lipy (X, E).
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4 S LIP(X, E) asgazmo 0))s pb jlakocs o i @l glad 5 955 o0 o0l (ioles Lip(X, E)
£ s &P 69, slsalad Jlocl

IFIl=1lIf el + £(f), f € Lip(X,E)
s b f oy dan degarmey S o x|, X Ll a5 ol gl ol X,

m £ C) = fOII _ 0
d(x,y)-0 d(x,y)

Sl P E) olas U g o)lo ol S8 a0 2 L) alys (sLisb a5 il Lip(X, E) a5l )
Lewy ol Up(X,E) g LIp(X,E) slalas il JSul loe B FUL slas a5 ol cdl> 10 098 oo 0ols

&S g aen 3l JSaie (LIp(X, E)) Lip(X, E) s slad ) pizred i o isles Lip(X) o Lip(X)

2o o Gimbes dipg (X, E)) Lipy (X, E) L1y 0isS oo jLis ] jao Jlade € alais

&b X 51Xy o> ahis s Vg € E Lasl oy sl

f:X—>E,  f(x)=(d(xx)—d(e,x0))vo
S35 Ay ) ol 59l ST nlple f € Lipg(X,E) o f € Lipg(X,E) o ol (g, w0 oS0 Sl 0 |,
2 g ol Lipg(X,E) (g0 sLad o Lipg (X, E) o501 d(aish gao adais glyls X) ol aes X glas
pleie aaii g0 o gl 4 4T Wil 3920 € ol vae) wil atwns c3leSs (X, d) e lad a5 vl
50 03,8 ysbay S b lalad ol Lipg (X, E) = lipg(X, E) (ol )13, d(x,y) > ¢ solsbx,y € X
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oLl asS e lax 1 X bla 3 lgSs jsbay Lad ool 1) sl @ sles 51 jale e slas dipg(XF) 4 les
b Y 00 ,a8 SOyt glad X oo ,i8 SO slad e gl wead Gl ) anad 0 a5 jebles col SO
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Shee
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a5l 4l 3929 € > 1 el o8 1o aS o lox ) X bl o3l jsboas Lipg (X, E) (sLid 55 P iy o5
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f =0 lfl=dlxy), L(f)<C.
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(f-v)(x) = fl)v (x € X).
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RESUOW-
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Cr:lipy (Y, E) - lipy (X, E), Cr(F) = Fom

L(F) = L(For) 5 <ol F € lipy(YV,E) ;o @lil 4 b jshie cal ly ool Loy 2L sl S Slae

IForr(x) — ForM)Il _

L(Fom) = sup

ﬁi’;x d(x,y)
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e p(m(x), m(y)) fbyier p([x], [yD '
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IFor(t) — For ()l

1
9 = L(Form)

0210 oS ooy ya5
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< sup <1.
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S 0 B 50 ) Ojee

__pxbD
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S oo oz cSgiSy jebar | Y L Lipg (Y, E)
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